ABSTRACT A comprehensive understanding of thrombus formation as a physicochemical process that has evolved to protect the integrity of the human vasculature is critical to our ability to predict and control pathological states caused by a malfunctioning blood coagulation system. Despite numerous investigations, the spatial and temporal details of thrombus growth as a multicomponent process are not fully understood. Here, we used computational modeling to investigate the temporal changes in the spatial distributions of the key enzymatic (i.e., thrombin) and structural (i.e., platelets and fibrin) components within a growing thrombus. Moreover, we investigated the interplay between clot structure and its mechanical properties, such as hydraulic resistance to flow. Our model relied on the coupling of computational fluid dynamics and biochemical kinetics, and was validated using flow-chamber data from a previous experimental study. The model allowed us to identify the distinct patterns characterizing the spatial distributions of thrombin, platelets, and fibrin accumulating within a thrombus. Our modeling results suggested that under the simulated conditions, thrombin kinetics was determined predominantly by prothrombinase. Furthermore, our simulations showed that thrombus resistance imparted by fibrin was~30-fold higher than that imparted by platelets. Yet, thrombus-mediated bloodflow occlusion was driven primarily by the platelet deposition process, because the height of the platelet accumulation domain was approximately twice that of the fibrin accumulation domain. Fibrinogen supplementation in normal blood resulted in a nonlinear increase in thrombus resistance, and for a supplemented fibrinogen level of 48%, the thrombus resistance increased by~2.7-fold. Finally, our model predicted that restoring the normal levels of clotting factors II, IX, and X while simultaneously restoring fibrinogen (to 88% of its normal level) in diluted blood can restore fibrin generation to~78% of its normal level and hence improve clot formation under dilution.
INTRODUCTION
The blood coagulation system is the first line of the human body's defense against vascular injuries (1) (2) (3) (4) . When a blood vessel is breached, a complex array of molecular and cellular reactions leads to the formation of a thrombus-a spatial structure consisting mainly of small blood cells (platelets) and the fibrous protein fibrin, which covers the site of injury and stops the hemorrhage (i.e., effects hemostasis). However, this normal hemostatic response may be insufficient in the case of severe injuries, when the naturally forming hemostatic thrombi do not possess sufficient mechanical resistance to stop the bleeding from large blood vessels. Moreover, severe trauma may lead to pathological changes (collectively known as traumainduced coagulopathy (5) ) that decrease the blood clotting potential in the trauma victim. Sometimes, genetic defects (e.g., hemophilia (2)) may decrease the clotting potential. Furthermore, pathological thrombi can form inside intact blood vessels, thereby occluding the blood flow in otherwise healthy tissues (i.e., causing thrombosis (4, 6) ). To predict and prevent such pathological conditions, or to reverse them using therapeutic interventions, a detailed mechanistic understanding of the thrombus formation process is needed.
Platelets and fibrin are the main structural components of a hemostatic thrombus (1, 2, 4, 7, 8) . Fibrin is produced when its precursor, fibrinogen, is cleaved by the enzyme thrombin, which in turn is generated in a complex sequence of biochemical reactions when thrombus formation is initiated. The role of fibrin is to increase the mechanical stability of the growing thrombus by ''tying together'' the aggregated platelets (and, if present, red blood cells) at the site of thrombus formation (4, 8, 9) . The critical role of fibrin in vivo is illustrated by clinical cases involving patients with an inherited fibrinogen deficiency, who are prone to bleeding and need fibrinogen supplementation (10) . Moreover, fibrinogen deficiency can occur as a result of trauma, and the use of fibrinogen blood supplements in trauma has been the subject of recent investigations (5) . Fibrinogen supplementation during surgery has been shown to reduce postoperative bleeding (11) . At the same time, elevated fibrinogen levels may contribute to the development of thrombosis (4, 6, 12) . Quantitative knowledge about the interactions between fibrin and other clot components may allow us to achieve the desired balance in fibrinogen-and fibrin-mediated modulation of blood coagulation.
Fibrin biochemistry, structural biology, and rheology have been extensively investigated. Such studies provide information about the biochemical reactions leading to fibrin formation and polymerization, constituting molecular ''parts'' and three-dimensional shapes of fibrin fibers, as well as information about the physical properties of fibrin, such as its viscoelasticity (4, 8, 9, 13, 14) . However, the details of fibrin accumulation as a spatiotemporal process remain elusive, and this lack of knowledge limits our understanding of the thrombus as a spatial structure whose composition may vary with time. Specifically, it is not clear how the spatial distribution of deposited platelets, thrombin, and fibrin can change in the course of thrombus development. More research is needed to understand the relative contributions of platelets and fibrin to the growing hydraulic resistance of the thrombus, and to the corresponding changes in blood flow. Finally, it is not known how the spatial distribution of fibrin in the clot, and the fibrin-associated mechanical properties of the clot, are modified in response to changes in the overall availability of fibrinogen and fibrin in the system. Here, we attempted to provide insights into these fundamental questions.
Blood coagulation has traditionally been studied using three approaches: in vitro experiments, in vivo experiments, and clinical investigations. Although these approaches provide valuable information about the blood-clotting process, each has its limitations. The recent emergence of systems biology has suggested a way to circumvent some of the limitations of traditional experimentation by combining experimental studies with the use of mathematical models (15, 16) . Such models can be designed to represent the mechanisms of the human blood coagulation process in realistic blood-flow conditions and vessel geometries, and can provide a flexible means to rapidly investigate a wide range of plausible thrombus formation scenarios. As such, these models can be practically useful when they are applied to predict drug targets and the effects of pharmacological intervention as a function of intervention time and drug dosage. Here, we use a computational systems biology approach to investigate fibrin accumulation as a spatiotemporal process during thrombus development in flowing blood.
The existing literature contains numerous examples of computational modeling of some aspects of blood coagulation under flow (15) (16) (17) (18) (19) (20) (21) (22) (23) (24) (25) (26) (27) (28) (29) (30) . However, previous modeling efforts did not focus on the investigation of relative contributions of platelets and fibrin to spatial thrombus growth. We developed and applied a model of thrombus formation under flow that captured the interplay of platelet deposition, complex thrombin-generation biochemistry, and fibrin formation and function, and was able to predict essential dynamic features of the thrombus formation process observed in flow-chamber experiments (31) (32) (33) . Using the model, we elucidated the distinct spatial distributions of platelets, thrombin, and fibrin within the thrombus. Moreover, the model predicted that the occlusion of a flow-chamber channel by a growing thrombus is primarily driven by platelet deposition. Furthermore, in our modeling studies, we established that fibrinogen supplementation affects thrombus properties in a nonlinear fashion in the cases of both normal blood composition and diluted blood, which represents the conditions of dilution/consumption-induced coagulopathy that occur during trauma and surgery. Finally, the model predicted that supplementation with fibrinogen and with a prothrombin complex concentrate (PCC) can potentially improve the fibrin generation and accumulation kinetics in diluted blood, thereby improving clot formation.
MATERIALS AND METHODS
We developed a computational model that represents thrombus formation in a straight channel; this model was used in all the simulations described in this work. The model was implemented using the computational fluid dynamics package FLUENT v. 14.5 (ANSYS, Canonsburg, PA). Below is a description of the key model features; additional details, such as a full set of the model equations and a definition of our variable (i.e., shear-dependent) platelet adhesion rate constant, are provided in the Supporting Material. All of the model's parameter values were taken from literature data except for the maximal platelet density and platelet adhesion rate constant. The latter two parameters were fine-tuned to improve our model's quantitative accuracy with respect to the analyzed platelet deposition data, as described in the Supporting Material.
Model of the thrombus formation mechanism: platelet deposition and the biochemical coagulation network
The formation of a thrombus inside a blood vessel is manifested through the deposition and activation of platelets at the site of vascular injury and through thrombin-catalyzed fibrin generation. These complex processes are concurrent and interdependent, with the biochemical thrombin generation and fibrin formation network comprising dozens of intermediate biochemical species and reactions (Fig. 1) . Our platelet activation model and the biochemical network model are modified versions of those developed by Leiderman and Fogelson (22) . The Supporting Material includes a complete description of the platelet dynamics and biochemical reactions, together with the initial conditions and values of the kinetic constants (Eqs. S1-S55 and Tables S1-S8) . In what follows, we provide a summarized description of the system. Thrombus formation begins when platelets bind to collagen exposed at the site of vascular injury. Such binding leads to platelet activation, as a result of which platelet membranes acquire the ability to provide catalytic support for the biochemical reactions that lead to thrombin formation (Fig. 1) . Thrombin itself is a potent platelet activator, which is reflected in our model. Platelets undergo transformations and interactions with each other that are governed by their evolution equations (Eqs. S1-S5). Briefly, when there are no external stimuli, platelets remain mobile and inactive (i.e., in the ''resting'' state). The mobile platelet types can convect, as determined by the fluid velocity field, and diffuse through the flow. Activated platelets can either stay mobile (i.e., able to convect and diffuse) or can bind with other bound and activated platelets or with the collagen exposed at the injury site (or at a thrombogenic surface), thereby becoming immobile. Activated platelets have the ability to accelerate the biochemical reactions ( Fig. 1) occurring on their surfaces, and these biochemical reactions ultimately lead to thrombin generation.
The major differences between the biochemical network model used in this work and that in the original Leiderman-Fogelson (LF) model (22) are as follows. First, we have included a representation of the conversion of fibrinogen to fibrin (34) and a model for the impact of fibrin on thrombus formation. Representation of fibrin, which reinforces the mechanical bonds between platelets, is important, because it is generally considered essential for thrombus stability (4, 8, 31) . Second, we have incorporated protein-specific binding-site numbers for zymogens and enzymes binding to platelet surfaces, with prothrombin and factor X sharing the binding sites (the details are provided in the Supporting Material). Third, we have included the activation of prothrombin to thrombin by the action of factor Xa in plasma (35) . Finally, we omitted explicit representation of some intermediate enzyme-substrate complexes reflected in the LF model, which resulted in a reduction in the total number of model equations. This simplification assumes that the intermediate complexes are sufficiently short-lived; however, we explicitly represented all initial substrates and final products of the overall reaction, which are expected to perform a biological function of interest. It is consistent with the modeling approach in the biochemically rigorous and widely used Hockin-Mann model of thrombin generation (36) . It has been recommended that simplified biochemical models should be used in conjunction with computational fluid dynamics flow modeling, especially when geometries for large blood vessels (e.g., coronary arteries) are involved (37) . These considerations reinforced our decision to simplify the biochemical reactions in our model, because it was our intention to develop a model that allows for future extensions to perform full three-dimensional (3D) simulations for realistic, subject-specific vessel geometries.
Transport of platelets and coagulation proteins
The spatiotemporal kinetics of the biochemical species included in the model are governed by the convection-diffusion-reaction equation. The general form of this equation for a given species i is
where ½C i denotes the concentration of species i,ũ denotes the fluid velocity vector (each biochemical species has the same velocity as its surrounding fluid), and D i represents the individual species diffusivity. We implemented interactions, such as platelet and protein activation and protein depletion, using the source term R i and chose a second-order upwind scheme to discretize the convection-diffusion-reaction equation (38) with a convergence criterion of 10 À6 .
In a tube-like flow chamber or a blood vessel, red blood cells have a tendency to aggregate in the center, thus forming a core (39) . In addition, the biconcave-shaped red blood cells exhibit a tank-treading and tumbling FIGURE 1 Schematic of the biochemical network represented in our model of blood coagulation. Coagulation reactions begin when blood leaking from a breached vessel comes into contact with the tissue factor (TF) expressed extravascularly. Colored arrows show the type of reaction, as indicated in the legend. Reactions shown inside the gray sphere are the platelet-surface reactions, and reactions outside the gray sphere are the reactions taking place in the blood plasma. The biochemical blood coagulation network comprises zymogens, proteolytic enzymes, and their cofactors. Among the key proteins (in an inactive form) are the factors V, VII, VIII, IX, X, and II (prothrombin). Their active counterparts are designated with the suffix ''a.'' Reactions begin when TF is exposed to the flowing blood and binds with factor VIIa to form the TF:VIIa complex (extrinsic tenase). This is followed by the activation of factors IX and X to IXa and Xa, respectively, by TF:VIIa. Factor Xa in plasma activates plasma prothrombin to form trace amounts of factor IIa (thrombin). Platelet-bound factor Xa activates factors V and VIII to form factors Va and VIIIa, respectively. Factor IXa binds with factor VIIIa on the activated platelet surface to form the complex IXa:VIIIa (intrinsic tenase). Factor Xa binds with factor Va on the surfaces of activated platelets to form the complex Xa:Va (prothrombinase). Extrinsic and intrinsic tenases activate factor X to Xa, with intrinsic tenase acting as the main activator. Prothrombinase activates platelet-bound prothrombin to thrombin, which in turn performs several functions essential for efficient blood coagulation. Thrombin activates factors V and VIII, both on the surface of activated platelets and in plasma. This promotes the formation of intrinsic tenase and prothrombinase, acting as a positive feedback loop increasing thrombin generation. Importantly, thrombin converts fibrinogen to fibrin, which stabilizes the thrombus. The natural anticoagulation mechanisms (i.e., the TF pathway inhibitor and antithrombin III) negatively regulate thrombin generation and activity. The inhibitory protein antithrombin III (ATIII) inactivates several enzymes in the coagulation system, namely, factors IIa, Xa, and IXa, whereas the TF pathway inhibitor (TFPI) inhibits the TF:VIIa complex. To see this figure in color, go online. motion depending on the fluid viscosity, membrane elasticity, and the shear rate (40) . This increases the effective diffusivity of the platelets and the plasma proteins. Hence, the diffusivity term in Eq. 1 should account for both the Brownian motion in blood plasma and the effect of red blood cells. To this end, we implemented the enhanced diffusivity model proposed by Zydney and Colton (41) :
where D e i and D b i denote the enhanced diffusivity and Brownian diffusivity, respectively, of species i, k and h represent empirical constants, d rbc denotes the red-blood-cell diameter, 4 represents the local hematocrit, which varies along the height of the flow-chamber channel, and _ g denotes the local shear rate. We used the following definition for 4 (the so-called ''blunt'' hematocrit profile, which gives an improved agreement with experimental data in comparison to other profiles (42)):
where 4 b denotes the bulk hematocrit, y denotes the distance from the channel wall, and d represents the thickness of the cell-free layer. We chose the latter to be 10% of the channel height, so that the hematocrit profile defined by Eq. 3 matched that of Hund and Antaki (42) . Besides enhancing diffusivity, the motion of red blood cells results in a nonuniform platelet distribution, with platelets tending to move toward the periphery of the blood flow. This effect is commonly called platelet margination and results in an increased platelet concentration near the wall (43) (44) (45) (46) . Platelet margination can be modeled by combining the expression for diffusivity with a potential function in the platelettransport-governing equation (Eq. S1). The lateral drift of the platelets is then directed by the gradients of this potential (43, 45, 47) . This takes into account the effect of the local hematocrit level on platelet margination (42, 43, 45, 47) . Models based on other simulation techniques, such as a combination of a master equation model of suspension dynamics and hydrodynamic Monte Carlo (48, 49) , explicit representation of red blood cells using a fixed red-blood-cell distribution (46) , and deformable red blood cells based on the lattice-Boltzmann-immersedboundary method (44) , have also been developed to study platelet margination.
To capture platelet margination effects in our study, we implemented the platelet margination model developed by Bark and Ku (43) (see Eqs. 4 and 5 below). We chose this particular model because it showed that when used together with the enhanced diffusivity model from (41) , this platelet margination model accurately captured the experimentally observed platelet flux for shear rates <6000 s À1 (43) . Moreover, this platelet margination model is naturally compatible with, and could be directly integrated in, our overall modeling framework. The equations describing the platelet flux areÑ
whereÑ p denotes the platelet flux, C p denotes the platelet concentration, D e p represents the enhanced diffusivity introduced in Eq. 2, and j p represents the platelet field potential, which is defined as a function of the local hematocrit level, 4 (with a blunt inlet concentration profile, as described in Eq. 3, which is similar to the one used in (42) and (43)). The term C p Vð4Þ serves as the drift function, which enables platelets to move down the red-bloodcell gradient in the direction that is a function of the platelet concentration. The enhanced diffusivity determines the platelet transport rate, whereas the potential in Eqs. 4 and 5 drives platelets in a specific direction based on the gradients of red blood cells and platelets in the flow (43) .
Modeling the effect of a growing thrombus on blood flow
Blood flow in our model is governed by the incompressible Navier-Stokes equation. The effect of a thrombus on the blood flow is represented via a reduction of fluid velocity in the region occupied by the growing thrombus, as detailed below. The thrombus is represented by a growing porous medium whose permeability depends on the increasing fractions of deposited platelets and the fibrin concentration. This is achieved by incorporating additional source terms into the Navier-Stokes equation, as follows:
whereũ denotes the fluid velocity vector, r represents the blood density, p represents the fluid pressure, m denotes the dynamic viscosity of blood, and the term m=K t ðxÞ in Eq. 7 is known as the Brinkman term, where K t ðxÞ, which depends on the space point x; represents the permeability of a porous medium and 1=K t ðxÞ represents its hydraulic resistance (50) .
To solve the Navier-Stokes equation (Eqs. 6 and 7), we employed the PISO (i.e., pressure implicit with splitting of operators) algorithm available in FLUENT to couple the velocity and the pressure. We chose PISO over other schemes because, in addition to producing stable results, it allows the use of large time steps in unsteady flow problems (51) . The secondorder upwind scheme is used for the spatial discretization of the momentum equation (Eq. 7). The pressure interpolation was performed using the ''pressure staggering'' option (PRESTO!) (52) . The PRESTO scheme uses the discrete continuity balance for the staggered control volume to compute the pressure. This procedure, implemented in FLUENT, is similar to the staggered-grid scheme used with structured meshes (52, 53) . Numerical convergence was achieved by setting a convergence criterion of 10 À6 for continuity and velocity, and the solution was iterated until convergence of each time step. We used the algebraic multigrid method (AMG) with BCGSTAB (i.e., the biconjugate gradient stabilized method) stabilization available in FLUENT to achieve a faster and smoother convergence during the iterative procedure (54) . Under-relaxation factors of 0.3, 0.7, and 1.0 were used for pressure, momentum, and the concentrations of all biochemical species, respectively. In our model, the hydraulic resistance is imparted by the deposited platelets and fibrin. The individual contributions of hydraulic resistances from platelets and fibrin are added (55, 56) , and 1=K t in Eq. 7 is expressed as
where K p and K f are the permeability of platelet and fibrin mass, respectively. We computed the contribution of the platelets to the total hydraulic resistance as (22)
where 4 b denotes the fraction of bound platelets, which is the ratio of bound platelets to the maximal possible platelet density, and 4 In the thrombus, fibrin is naturally present in a polymeric state, which reduces its mobility under flow (58) . Because fibrin polymerization is not explicitly represented in our model, we accounted for fibrin's reduced mobility by assuming that it cannot convect with the flow. It should be noted that although fibrin can diffuse in the domain, its diffusion is comparatively slow; indeed, its diffusion coefficient is the lowest among all the modeled species (34) ( Table S1 ). To predict the hydraulic resistance imparted by fibrin, we used the Davies equation (59), which has often been used to estimate the permeability of fibrin gels and blood clots (30, 56, (60) (61) (62) :
where a f denotes the fiber radius and 4 f denotes the ratio of the fibrin concentration to that of fibrinogen. Fibrin permeability values predicted using the Davies equation were in reasonable agreement with experimental measurements (56) .
Modeling blood dilution and supplementation with fibrinogen and a prothombin complex concentrate
To represent blood dilution, we followed our previous work and used an unequal blood dilution model, in which different coagulation factors are diluted to different degrees (63) . This model was based on an in vivo porcine model of dilution-induced coagulopathy (64) . In our model, dilution was implemented by reducing the initial concentrations of coagulation proteins by the appropriate amounts (see Table S9 ); these amounts were derived from our previous work (63, 65) . The diluted concentration for fibrinogen was chosen to be 40% of the normal level, which is consistent with in vivo data (64) . Note that platelets were not diluted, so as to reflect the compensatory platelet resupply (e.g., from the spleen into the bloodstream) expected to occur in vivo (63) . To represent the supplementation with a PCC, which is a combination of procoagulant clotting factors aimed at enhancing thrombin generation, we restored the corresponding PCC components (i.e., coagulation factors FII, FIX, and FX used in a typical three-factor PCC (66)) to their undiluted levels (see Table S9 ), in accordance with our previous work (65) .
Simulated flow conditions
We simulated thrombus formation in a channel of the eight-channel pressure-relief flow chamber described by Maloney et al. (67) and Colace et al. (31) . Fig. 2 A shows a photograph of the flow chamber and the computational domain used in our thrombus formation simulations. Fig. 2 B shows the 3D geometry of the flow-chamber section consisting of two channels measuring 250 Â 60 mm (base Â height) at their cross section. In the two-dimensional (2D) representation of the flow chamber (Fig. 2 C) , two channels, each measuring 60 mm in height, are stacked one above the other, which allows us to perform the ''pressure relief'' mode simulations in a 2D setting (31) . Thrombus formation was initiated in one of the two channels, which contained a thrombogenic surface coated with tissue factor (TF) and collagen. Imaging of the thrombogenic patch led us to estimate the tissue factor surface coverage as 10 molecules/mm 2 (31). The 2D flow domain analyzed in this study consisted of two separate inlets and a single outlet with corresponding boundary conditions (Fig. 2 C) . We simulated the pressure-relief mode (introduced in (31)) by defining a constant-pressure (i.e., atmospheric pressure) boundary condition at the inlet and a constant flow rate of 4 mL/min at the outlet, which corresponds to an initial wall shear rate of 200 s
À1
. Because Colace et al. (31) used whole blood in their flow-chamber experiments, we chose a hematocrit value of 0.4, a typical value for this parameter. These settings make our simulation consistent with their experimental conditions. The simulation covered a 430-s time interval with a 0.01-s time step. A no-slip and no-penetration condition was imposed at the flow-chamber walls. In our simulations, thrombus formation was initiated in one of the channels at a 250-mm-long thrombogenic strip (Fig. 2 C) , with TF levels matching the experimental setup (31) . The initial concentrations (Table S3 ) of the coagulation proteins were taken from the experimental literature and adjusted to represent whole-blood concentrations. To describe the expected, nonuniform distribution of platelets over the channel's cross section, we used the near-wall platelet concentration profile defined in Eckstein et al. (68) with a peak/center ratio of 8.00. We used this profile to define the inlet profile for FIGURE 2 Two-dimensional (2D) geometric representation of the flow chamber. (A) Photograph of the overall setup of the flow chamber (image reproduced with permission from Colace et al. (31) ). Thrombus formation is initiated when blood flows over a thrombogenic surface in the chamber's channels. Under the pressure-relief mode, one of the channels is coated with a thrombogenic surface. When a thrombus begins to occlude the channel, blood flow is increased in the thrombus-free channel to maintain a constant outflow (withdrawn from a syringe at the outlet) (31) . (B) Three-dimensional geometry of the flow-chamber section that consists of two separate inlets and a single outlet. The dimensions of the channels are as indicated in the figure. (C) The geometry of the flow chamber was constructed to provide a 2D representation (as in (31)). This 2D geometry was constructed so that it maintained a channel height of 60 mm. The channel without a thrombogenic surface is stacked above the channel with one. This reconstructed geometry allowed us to perform simulations in the pressure-relief mode in a 2D setting. Also indicated are the flow boundary conditions used in our simulations. The notation U ¼ 0, V ¼ 0 reflects the no-slip and no-penetration conditions imposed on the walls, where U and V denote the x and y velocity components, respectively. To see this figure in color, go online.
inactive, mobile platelets. The computational domain was discretized with a uniform mesh size of 1.875 mm, which is adequate for resolving the species transport and flow (22).
RESULTS

Modeling predicts essential kinetic features of thrombus formation
The model-predicted time course of platelet deposition initiated by the thrombogenic surface was consistent with the platelet accumulation data presented in Colace et al. (31) , which show an approximately linear time dependence (Fig. 3 A) . As expected, activated and bound platelets continued to accumulate at the thrombogenic surface throughout the simulation, and the predicted height of the platelet deposition domain at 430 s was~39 mm at the upstream and downstream sides of the thrombogenic surface and~32 mm at the middle (Fig. 3 B, bottom) . Interestingly, the simulated spatial distribution of the accumulated platelets extended beyond the upstream and downstream edges of the thrombogenic surface (Fig. 3 B) , which is in accord with experimental observations (see Fig. 7 B in (31)). Fibrin was produced over the thrombogenic surface simultaneously with platelet deposition, and the predicted height for fibrin deposition reached~16 mm at 430 s (Fig. 3 C) . The spatial boundaries of the model-predicted plateletand fibrin-deposition domains were in reasonable agreement with those determined experimentally (Fig. 3 B, bottom, and Fig. 3 C, respectively) .
In our model, fibrin generation depends on thrombin generation, which dynamically changes during thrombus growth. During the initial 220 s of the simulation, very little thrombin (and, therefore, little fibrin) was generated in the flow chamber; this was followed by a sharp, nonlinear rise in the thrombin concentration (Fig. 4 A) . This thrombin burst thus appeared to be responsible for generating the bulk of fibrin in the growing thrombus. Indeed, after an initial lag phase, our model showed a rapid nonlinear increase in fibrin production that followed the rise in thrombin generation (Fig. 4 B) . Although the model-predicted platelet deposition kinetics and the spatial boundary of the thrombus (i.e., bound platelets and fibrin) compared reasonably well with the experiment of Colace et al. (31) (Fig. 3, B and C), our model did not capture the temporal dependence of fibrin accumulation from that work (see Fig. 4 B) , which shows the normalized integral of the model-predicted fibrin concentration calculated over the entire flow domain). In contrast to our findings, that experimental work reported an approximately linear increase in fibrin deposition after a very small lag phase (Fig. 4 B) . Yet the fibrin-deposition kinetics observed in other flow-chamber studies (32, 33) qualitatively agreed with our results (Fig. 4 B) . Indeed, both of these experimental studies (performed at different venous shear rates) reported a lag in fibrin production followed by a sharp, nonlinear rise in the fibrin level, as was predicted by our model. Taken together, these results indicate that some details of thrombus formation kinetics may differ depending on the experimental setup. Our model may not reproduce such nuances, but it appears to capture some of the main experimentally observed trends.
It is generally known that thrombin generation is strongly influenced by the activity of two main enzyme complexes, intrinsic tenase (VIIIa:IXa) and prothrombinase (Va:Xa), formed on platelet surfaces (36, 69) . To obtain insights into their roles in shaping thrombin kinetics under flow, we plotted their time courses (Fig. 4, C and D) and compared them with that of thrombin (Fig. 4 A) . Interestingly, the prothrombinase kinetics were qualitatively similar to that of thrombin, whereas the intrinsic tenase kinetics were different. As could be expected, the prothrombinase kinetics slightly preceded the thrombin kinetics, reflecting the causal relationship between prothrombinase activity and thrombin generation. These results suggest that, under the conditions of our simulation, thrombin kinetics is determined primarily by prothrombinase rather than by intrinsic tenase.
Platelets, thrombin, and fibrin are characterized by distinct spatial distributions in the thrombus Our model reflected the temporal process of platelet accumulation at the thrombogenic surface location (Fig. 5) . As expected, initially there was no detectable platelet deposition (Fig. 5 A) . During the first 100 s of the simulation, a thin layer of platelets was deposited at the thrombogenic surface (Fig. 5 B) . By~200 s, the platelet deposition had grown and was blocking~27% of the flow-chamber height, with a higher fraction of platelets present near the thrombogenic surface (Fig. 5 C) . These platelets were activated predominantly by collagen (~63%) and ADP (~32%), because substantial amounts of thrombin were seen only at times exceeding 220 s after thrombus formation initiation (Fig. 4 A) . From 220 s onward, the sharp increase in thrombin level (Fig. 4 A) began contributing to the accumulation of activated platelets, thereby accelerating the clot's growth (Fig. 5, C-E) . Throughout the process, platelets continued to accumulate, occluding the flow chamber (Fig. 5, B-E) . At the end of the simulation (Fig. 5 E) , platelets were blocking~65% of the flow-chamber height.
In our simulation, thrombin and fibrin were more or less uniformly distributed over the thrombogenic surface, with a slight increase in concentration at the downstream side (Fig. 6) , which qualitatively agrees with experimental observations ( Fig. 7 C of Colace et al. (31) ). At 100 s of the simulation, our model predicted sparse formations of thrombin spatially distributed on both the upstream and downstream sides of the thrombogenic surface (Fig. 6 B, left) . This thrombin converted small amounts of fibrinogen to fibrin (Fig. 6 B, right) . By 200 s, our model predicted a slight increase in thrombin (Fig. 6 C, left) and a resulting increase in fibrin (Fig. 6 C, right) . Around 220 s after thrombus formation initiation, the rate of thrombin and fibrin generation increased. Indeed, shortly after 220 s, the thrombin concentration had exceeded 1 nM and reached the sharprise phase (Fig. 4 A) . Consequently, from 220 s onward, we expected, and witnessed, a dramatic increase in fibrin levels (Fig. 6, D-E, right) .
Our simulation showed that the spatial distribution of fibrin was concentrated beneath the deposited platelets and did not extend beyond the distribution of the platelets at any time during the simulation. The hydraulic resistance imparted by 50 nM of fibrin (a concentration achieved withiñ 300 s in our simulation) exceeded that imparted by the deposited platelets at their maximal possible density (results not shown). This suggests that a concentration of 50 nM can be viewed as the threshold concentration beyond which fibrin strongly impacts the behavior of the thrombus by altering its resistance to blood flow. The additional resistance to the growing thrombus imparted by the increasing local fibrin concentration could further reduce the local blood-flow velocity inside the thrombus (Fig. S3) , thereby decreasing the momentum imparted by the fluid to adjacent thrombus particles. This could effectively increase clot stability, which reflects the ability of the clot to resist the blood flow and to maintain structural integrity.
Occlusion of the flow chamber is dominated by platelet deposition
At the start of the simulation, blood freely moved through the flow chamber, because there were no accumulated platelets or fibrin (Fig. 7 A) . Equal amounts of blood per unit time flowed through both channels (with and without a thrombogenic surface) of the chamber, converging at the outlet, where flow velocity was twofold higher than at the inlet, due to conservation of mass. As thrombus formation proceeded, regions of high resistance began to form, occluding the flow. Until 200 s after thrombus formation initiation (Fig. 7, B and C) , resistance imparted to the flow was mostly due to platelet deposition, because there was no substantial accumulation of fibrin. Hence, hydraulic resistance due to platelet deposition appeared sufficient to alter the blood flow in the flow chamber. Throughout the simulation, the bottom channel experienced occlusion due to thrombus growth, and there was a corresponding increase in blood flow in the upper channel (Fig. 7, B-E) .
The increased fibrin deposition over the thrombogenic surface (Fig. 6 , C-E, right) correlated with the increased hydraulic resistance at the downstream side of the thrombus (Fig. 7, D and E, left) . This suggests that increasing hydraulic resistance was more strongly driven by fibrin than by the accumulation of platelets, which showed a noticeably more uniform distribution along the thrombogenic surface (Fig. 5) . In fact, the model-predicted maximal hydraulic resistance imparted by fibrin at the end of the simulation was up to~30-fold higher than that imparted by platelets. (By comparison, Colace et al. observed that fibrin increased thrombus strength by up to 28-fold (31).) Nevertheless, the area of low axial velocity in the flow through the chamber (Fig. 7 , B-E, right) mimicked the symmetric distribution of platelets in the thrombus, which extended beyond the area of fibrin accumulation (Fig. 5, B-E) . Because decreased axial velocity is the main physical indicator of flow occlusion, this result demonstrates that flow-chamber occlusion was due mainly to platelet accumulation. This, in turn, implies that the hydraulic resistance of the upper portion of the thrombus (due largely to platelets) was sufficient to force the flow to bypass the thrombus area. Yet the increased hydraulic resistance and fibrin accumulation suggest that the lower part of the thrombus would be more stable (as explained in the previous subsection) than its upper part.
Fibrinogen supplementation impacts the hydraulic resistance (clot strength) in a nonlinear fashion
To investigate the effect of fibrinogen supplementation on thrombus formation, we performed three additional simulations, increasing the fibrinogen level by 16%, 32%, and 48% of the default fibrinogen level (all other simulation conditions were kept constant; see Materials and Methods). Our model predicted that for all considered fibrinogen levels (i.e., 100%, 116%, 132%, and 148%), the fibrin concentration threshold of 50 nM (i.e., the threshold beyond which the hydraulic resistance (clot strength) imparted by fibrin exceeds that imparted by deposited platelets) was reached at~300 s in the simulation (results not shown). This result illustrates that the onset time of the fibrin-generation surge did not strongly depend on the fibrinogen level. Yet, at the end of the simulations, we observed a notable difference in the maximal fibrin level between different fibrinogen supplementation scenarios (Fig. 8 A) . This result indicates that during the later phases of thrombus formation, thrombus strength may depend significantly on the blood fibrinogen level.
In our simulations, we increased the fibrinogen level in a linear fashion. However, the corresponding increase in the maximal hydraulic resistance imparted by fibrin was strongly nonlinear (Fig. 8 B) . The region of maximal resistance was located at the downstream side of the thrombogenic surface (~320 mm downstream from the inlet), where fibrin concentration was higher (indicated with a white line in Fig. 8 C) . Moreover, although the increase in the fibrinogen level did not exceed 50%, the maximal hydraulic resistance increased by~2.7-fold. By comparison, the fibrinogendependent increase in the fibrin level was smaller and did not exceed~1.7-fold (Fig. 8 A) . Therefore, the large fibrinogen-dependent change in hydraulic resistance was due primarily to the nonlinearity of the expression describing the fibrin level's effect on hydraulic resistance (Eq. 8).
Based on these results, we anticipated a fibrinogendependent increase in the hydraulic resistance in the area of fibrin accumulation within the thrombus, i.e., in its lower part adjacent to the thrombogenic surface. A comparison of the thrombus shape for 100% and 148% fibrinogen confirmed this expectation (Fig. 8 C, red area) . Yet the overall area of heightened hydraulic resistance imparted by fibrin remained nearly unchanged (Fig. 8 C) . This result suggests that fibrinogen supplementation did not impact the shape or size of the thrombus, resulting in an unchanged total flow profile (Fig. S1 ). This finding is consistent with our simulation for the default fibrinogen level, which suggested that the thrombus shape and size were determined primarily by platelet deposition rather than by fibrin accumulation (Figs. 5 and 7) . Interestingly, a recent modeling study, which used a model with explicit representation of platelets as mechanical particles, suggested that initial fibrinogen concentration can impact the number of deposited platelets and, therefore, clot size (70) . These results appear to complement our findings, because they pertain to the case of fibrinogen deficiency, whereas we consider the case of fibrinogen supplementation (i.e., R100% fibrinogen). Taken together, these findings may suggest a saturation effect: severely decreased fibrinogen levels may result in a reduction in thrombus size, whereas a moderate increase in the fibrinogen level beyond the typical normal value may only marginally impact thrombus formation and the resulting blood-flow pattern.
We investigated the effect of fibrinogen supplementation on blood flow within the thrombus by analyzing the dependence of the flow's axial velocity on the vertical distance (indicated by the white line in Fig. 8 C where fibrin concentration was higher) from the thrombogenic surface. For all considered fibrinogen levels, this dependency had a similar sigmoidal shape (Fig. 8 D) . As expected, at all distances from the thrombogenic surface, axial flow velocity monotonically decreased upon fibrinogen supplementation. The fibrinogen-dependent decrease in the flow velocity was distance dependent, achieving up to~1.3-fold magnitude (at 8 mm from the thrombogenic surface). Thus, fibrinogen supplementation can significantly affect blood flow through the fibrin-rich lower portion of the thrombus. Notably, for all considered fibrinogen levels, the axial velocity dependence on the distance from the thrombogenic surface converged to the same plateau for larger distance values (>13 mm from the thrombogenic surface) (Fig. 8 D) . This result suggests that the effect of fibrinogen supplementation on the blood-flow velocity did not extend beyond a certain height, which was nearly the same for all the fibrinogen supplementation levels. That height can be interpreted as the boundary of the thrombus-occupied area where relatively less fibrin was present, but which was rich in platelets. This is consistent with our finding that the shape and size of the area of reduced axial velocity (i.e., the outer shape and size of the thrombus) was generally determined by the area of platelet deposition, which extended beyond the area of fibrin deposition.
Fibrinogen and PCC supplementation increase the thrombus hydraulic resistance during blood dilution
In our simulations, as expected (63), the level of generated thrombin was strongly reduced (by~3.1-fold) by dilution and unaffected by fibrinogen supplementation (Fig. 9 A) . Interestingly, an in vitro experimental study conducted by Bolliger et al. reported that thrombin is reduced bỹ 2.3-fold under plasma dilution (71) . In our model simulations, the fibrin level was also significantly reduced by dilution (at 430 s, by at least an order of magnitude), and fibrinogen supplementation had a strongly nonlinear effect on fibrin generation (Fig. 9 B) . Indeed, at 430 s, the fibrin level for 16% supplemented fibrinogen was~1.5-fold higher than that in unsupplemented blood, but only marginally lower than in the cases of 32% and 48% supplemented fibrinogen. Moreover, in the latter case, the total fibrinogen level was 88% of its normal undiluted value, but the corresponding level of fibrin at 430 s was~5-fold lower than normal (Fig. 9 B) . This could be attributed to the fact that the rate of fibrin production is proportional to the product of the thrombin and fibrinogen concentrations (Eq. S29), and the dilution-reduced thrombin concentration did not increase under fibrinogen supplementation. This is consistent with the conclusion made by Bolliger et al. that fibrinogen supplementation by~100% of the normal value is required for optimized clot formation (71) . Our results on fibrinogen supplementation in diluted blood are also consistent with our previously obtained simulation results showing that fibrinogen supplementation alone does not fully restore the normal fibrin kinetics (72) . At the same time, additional supplementation with a PCC increased thrombin concentration by~2.75-fold, thus producing a thrombin level that was 85% of its normal value (Fig. 9 A) . This extra thrombin increased the generated fibrin level, which at 430 s was 80% of its normal value (Fig. 9 B) . To assess the functional consequences of dilution/supplementation-induced differences in the fibrin level, we compared the hydraulic resistance inside the thrombus for unsupplemented diluted blood with that for fibrinogensupplemented and PCCþfibrinogen-supplemented diluted blood. The increase in fibrin generation due to PCCþfibri-nogen supplementation increased the hydraulic resistance by~8-fold (Fig. 9 C) . Furthermore, we analyzed the axial flow velocity inside the thrombus for diluted and supplemented blood (Fig. 9 D) . As expected, dilution increased the flow velocity, reflecting a relatively weaker ability of the clot to resist blood flow. The dependence of the axial velocity on the amount of supplemented fibrinogen was strongly nonlinear. The blood-flow velocity in the thrombus region for all fibrinogen supplementation levels was considerably lower than that in unsupplemented diluted blood. Although this implies that fibrinogen supplementation can improve hemostasis (Fig. 9 D) , even the 48% fibrinogen supplementation could not (approximately) restore the normal (i.e., predilution) flow-velocity value. At the same time, PCC and 48% fibrinogen supplementation nearly restored the interthrombus blood velocity to its normal value (Fig. 9 D) . Taken together, our results suggest that under blood dilution conditions, normal clot formation cannot be restored by fibrinogen supplementation alone, and simultaneous enhancement of thrombin generation is preferable. This can be achieved using additional clotting-factor supplements, such as a PCC. This conclusion is consistent with our previously obtained in vitro blood coagulation simulation results and implies that fibrinogen should be used in combination with other clotting factors to improve clot formation in coagulopathy (65, 72) .
DISCUSSION
Normal functioning of the blood coagulation system is essential for human survival, which continues to motivate attempts to clarify the mechanistic details of blood clotting. Despite extensive research, the time-dependent spatial organization, and its connection with the functional properties, of a growing thrombus have not been fully understood. Yet such understanding may be critical for our ability to predict and control thrombus growth, including its modulation by therapeutic interventions. Here, we developed a computational model of thrombus formation in a flow chamber (Figs. 3 and 4) based on the framework previously developed by Leiderman and Fogelson (22) . We extended that framework by 1) including explicit representations of fibrin generation; 2) implementing an enhanced platelet and biochemical species diffusivity model with a varying hematocrit profile; 3) implementing a field potential function in the mobile-platelets-governing equation to account for platelet margination due to the presence of red blood cells; 4) implementing a shear-dependent platelet-adhesion rate constant to represent the effect of shear rate on platelet adhesion; 5) adding specific binding sites for zymogens and enzymes on platelet surfaces, with binding-site numbers obtained from the literature and factor X sharing the binding sites with prothrombin; 6) implementing the activation of prothrombin to thrombin in plasma by the action of factor Xa; and 7) reflecting the contributions of fibrin to the mechanical properties of the growing thrombus. We applied the model to investigate the accumulation of the thrombus' main enzymatic component (i.e., thrombin) and structural components (i.e., platelets and fibrin). Our model predicted distinct spatial distribution patterns for platelets, thrombin, and fibrin (Figs. 5 and 6) and identified platelet accumulation as the primary driver of blood-flow occlusion by a growing thrombus (Figs. 5 and 7) . Moreover, we used the model to establish the nonlinear dependencies of thrombus characteristics on the amount of supplemented fibrinogen (Fig. 8) and to investigate the effect of fibrinogen and PCC supplementation on thrombus formation in diluted blood (Fig. 9) , which has been shown to potentially improve hemostasis in trauma patients with severe bleeding (73, 74) .
Our model semiquantitatively reproduced the dynamics of platelet deposition and the area of platelet deposition measured in experiments. Similarly to the thrombin dynamics predicted by our model, rapid thrombin accumulation after an initial delay is a salient feature of thrombin generation assays performed in vitro in the absence of flow (i.e., ''static'' assays) (8, 36, 75) . Likewise, typical kinetic curves of fibrin accumulation in static assays are characterized by a delay followed by a rapid onset of fibrin generation (8, 72) . Thrombin generation delay corresponds to its initiation phase, which is due to well-studied thrombin generation biochemistry (36) . The time when the thrombin concentration reaches 2-10 nM is known as clotting time and defines the time of onset of fibrin generation (36, 75) . Thus, delays followed by rapid bursts in thrombin and fibrin accumulation are determined by the basic biochemistry of these processes and therefore should generally be expected. In accord with this expectation, the original LF computational model, applied to thrombus formation in a flow chamber, predicted a pronounced delay followed by a rapid increase in the thrombin concentration (32) . Our predictions for thrombin and fibrin generation are consistent with this behavior, as are the flow-chamber measurements by Onasoga-Jarvis et al. (Fig. 4 B) . The somewhat unexpected early accumulation of fibrin in the flow chamber used by Colace et al. (Fig. 4 B) suggests some portions of thrombin, present early, as a possible cause. We performed supplemental simulations with an added amount of thrombin specified at the inlet (all other simulation conditions remained unchanged; see Materials and Methods). The simulations showed that the presence of thrombin in plasma (which may result from accidental activation of the coagulation system during blood sample collection) could indeed result in fibrin accumulation kinetics similar to that observed in the experiment (Fig. S2) . Direct thrombin measurements in the experimental system would further clarify the basis for early fibrin accumulation.
The studies of spatial distribution of platelets, thrombin, and fibrin were initiated~15 years ago in mouse models of blood coagulation using intravital microscopy (1, 76) . However, due to the differences between mouse and human biochemistry and physiology, such studies provide only partial answers about blood coagulation in the human and should be supplemented by other approaches. Our model of blood coagulation relies on mechanisms and numerical parameter values expected to correspond to the blood coagulation process in humans, and the predicted results can be compared with both flow-chamber experiments and intravital microscopy data.
Consistent with in vivo studies, platelet accumulation and the spreading of fibrin through the thrombus in our simulations occurred as concurrent processes, challenging the traditional paradigm of ''platelet plug'' formation and fibrin accumulation as distinct processes occurring one after the other (1) . Furthermore, in accord with both intravital microscopy data and the flow-chamber experiments of Colace et al. (31) , the area of platelet accumulation included and exceeded that of fibrin accumulation. Moreover, consistent with intravital microscopy data, our model predicted the presence of thrombin throughout the thrombus, not just at the thrombus-blood interface (1) . Interestingly, the flowchamber measurements of Colace et al. (31) demonstrate that fibrin accumulates preferentially at the downstream part of the thrombogenic surface and does not extend beyond the platelet accumulation area, which is captured in our modeling predictions for both fibrin and thrombin accumulation. However, intravital microscopy data suggest that fibrin accumulates predominantly at the upstream side of the growing platelet thrombus (76) , or that the distribution of fibrin is symmetrical about the thrombus center line (77) . A plausible reason for these discrepancies is the spatial structure of the experimentally induced lesion that activates thrombus formation in vivo, but the real reason for the discrepancies may lie deeper.
A unique advantage of computational modeling of thrombus formation lies in the possibility of simultaneously predicting both thrombus structure/composition and its physical properties, such as hydraulic resistance and flow velocity inside the thrombus or in its vicinity. Currently used experimental approaches cannot achieve simultaneous measurement of these physical properties. This is why our predictions regarding the correspondence between thrombus structure and blood-flow mechanics cannot be validated by direct comparison with experimental data. However, although it is not preferable, our predictions can be assessed using comparisons with other computational modeling studies. Indeed, computations with the original LF model (which did not represent fibrin accumulation) showed that deposited platelets could effectively slow down and divert the blood flow in their vicinity (22). Interestingly, in that computation, the up-and downstream slopes of the area of reduced flux velocity near the thrombus were more gradual than the slopes of the area of platelet accumulation, which is consistent with our computations. A modeling study that involved a representation of platelets as discrete particles showed that even loose platelet aggregates can noticeably decrease the fluid flow through the area (18) . Because the platelet deposition area typically exceeds that of fibrin deposition, these results suggest that the outer boundaries of the thrombus would be defined by the spatial platelet distribution. This pattern was consistently demonstrated in our simulations.
A computational modeling approach offers the possibility of delineating the individual contributions of distinct model features, representing different aspects of the fluid dynamics, chemistry, and biology of blood coagulation. This can be illustrated by a brief comparison of the current version of our model (considered in this article) and earlier model versions. The current version of our model incorporates a number of added features (such as platelet binding sites with protein-specific binding constants, prothrombin activation in plasma, and ADP-dependent platelet activation), some (or all) of which were absent in earlier model versions. For a number of model versions that incorporate different subsets of these features, we analyzed the deposition of platelets and the generation of thrombin and fibrin, as well as the flow axial velocity inside the growing thrombus. We found that the most recent model extensions (namely, the incorporation of initially reversible platelet capture, the use of a shear-dependent platelet adhesion rate constant, explicit modeling of platelet margination, and the use of local shear rate in Eq. 2) resulted in the following two qualitative changes in model behavior. First, the platelet deposition height profile shows ''bumps'' on the upstream and downstream sides (Fig. 3 B) that were absent in our simulations with earlier model versions. Second, the spatial growth of thrombin and fibrin is characterized by a more evenly distributed profile (Fig. 6) , compared to the earlier model versions during the first 430 s of thrombus growth. The presence or absence of other above-mentioned model features did not change the model properties and resulted only in moderate (up to~30%) quantitative changes in the considered outputs. Yet it is conceivable that the differences caused by the added model features could be larger for other (e.g., arterial) flow conditions and other domains (i.e., flowchamber or blood-vessel geometries).
Our modeling prediction that the timing of the onset of fibrin generation is insensitive to fibrinogen supplementation, whereas the final fibrin level is not, is in accord with experimental and modeling results for static fibrin generation assays (12, 72) . The fibrinogen-modulated increase in the amount of deposited fibrin and the resulting increase in hydraulic resistance inside the thrombus were to be expected. However, the interpretation of the clinical data on fibrinogen-dependent improvements in blood clotting (5,10,11) is less straightforward, given that the function of a thrombus to reduce and divert blood flow is due primarily to the deposited platelets rather than to fibrin. The underlying mechanism for the improvements may be the destruction of the outer, fibrin-free layer of the thrombus by the oncoming blood flow, which may slow down the overall speed of thrombus growth. When fibrin generation is stimulated, increased fibrin deposition will stabilize a larger part of the clot; integrated over many clots, this effect may account for the clinical benefits of fibrinogen supplementation.
Our analysis of the blood-flow occlusion due to thrombus formation has implications for the problem of thrombussize control. Indeed, our computations suggest that, as clot growth proceeds, the flow velocity above the thrombus region increases (due to the conservation of mass for the total blood flow) (Fig. 7) . This implies that the increased convective forces will result in more platelets being carried away from the side of the clot facing the lumen. According to our modeling results, the size of the thrombus is determined primarily by platelet deposition. Therefore, platelet ''washoff'' is expected to limit the growth rate and the size of the clot. This hypothesis is supported by the computational study of Pivkin et al. (with explicit representation of platelets as individual particles), who observed that thrombus growth rate depends on blood-flow velocity and that after an initial increase in clot size, portions of thrombus can break off and be carried away as emboli (25) . In contrast, other computational modeling studies propose alternative mechanisms of clot-size control. One such mechanism is the hindered transport of coagulation proteins into the thrombus in regions of high platelet density, which was suggested in a study based on the use of the LF model (22,69). Moreover, some studies have suggested that fibrin does not have a large impact on protein diffusive transport (78) , and others have reported that fibrin decreases the permeability of the thrombus (79) . Our analysis suggests that because the local flow velocity in the clot is reduced due to both platelets and fibrin, increased density of either one can slow down the transport of coagulation proteins into the thrombus. In fact, our study shows that fibrin-rich thrombus regions impart a larger hydraulic resistance (inverse of permeability) compared to regions with lower fibrin concentrations (Figs. 6 and 7) . This results in a greater reduction of the local flow velocity in fibrin-rich regions of the thrombus (Fig. S3) and thus seems to support the hypothesis that fibrin may alter the flow, and hence the transport, of proteins due to a decreased permeability (79, 80) .
Another possible mechanism of clot-size control is the formation of a ''fibrin cap'' on the surface of the thrombus, which impedes thrombin diffusion, thereby restricting the activation of additional platelets and the formation of additional fibrin molecules (81) . This is consistent with experimental results from the same group (78) . Because our study suggests that the domain of fibrin accumulation does not exceed that of platelet accumulation (which is in accord with computational (70) and experimental (31, 82) results by other groups), it does not provide a strong support for the fibrin-cap hypothesis under the considered simulation conditions. A likely contributor to thrombus-size control is the naturally occurring process of fibrinolysis, which may take place on the same timescale as thrombus formation (72) . Further computational and experimental studies are warranted to assess the possibility of simultaneous contributions of all these mechanisms to thrombus-size control, as well as to identify predominant mechanisms and their dependence on clot-formation conditions.
The modeling study reported in this article has a number of limitations. First, this is a computational study, and much remains to be done to ensure proper experimental validation of all our computational predictions. Comparisons with experimental data reported here show that the model can reproduce several salient features of clot formation under flow (Figs. 3 and 4) . Second, this work represents thrombus formation in a flow chamber, which only partially represents blood coagulation in vivo. Yet flow-chamber experiments provide the control and flexibility that cannot be achieved by other experimental or observational techniques, and they define an important step toward understanding how blood clots in the body. Third, our model gives a simplified representation of the thrombus-formation process. Indeed, our 2D model contains a reduced biochemical model of thrombin generation, does not account for fibrin polymerization or fibrinolysis, and does not explicitly represent platelets and red blood cells as mechanical bodies flowing with the blood. As a result, our model does not explicitly represent platelet-fibrin interactions and the dependence of platelet-platelet interactions on fibrin levels. Nevertheless, computational-fluid-dynamics-based approaches similar to ours can generate modeling predictions consistent with experimental data and yield insights useful for the understanding of thrombus formation as a kinetic process. This is because they provide a reasonable compromise between the intention to accurately reflect clot formation and the extreme mechanistic complexity of this process (17, 20, 22, 24, (26) (27) (28) 34) .
This work investigates thrombus formation as a process developing (primarily) in two dimensions. However, the representation of the physical and chemical processes in the model can be immediately extended to three dimensions and applied to model blood coagulation in realistic blood vessel geometries and flow conditions, including the presence of hemorrhage from a breached vessel. Our work thus defines a direction for future investigations aimed at generating testable hypotheses about thrombus formation in vivo. Furthermore, such an approach can be extended to provide strategies for predictive analysis of the effects of pharmacologic agents on blood clotting in the human body. Improvements in the accuracy of our model's components will allow us to increase and test our understanding of blood coagulation as a natural phenomenon.
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